
lexivedo categories & HA"
loosely based on joint work with

Isambard Goeddidy & Seduction Opper.

bef A dy category/K
A-Mod = dgFun(t, Ch(k))

D(A) = A- Mod (quasi-isosi]
Say that an A-moduleMis Proper
if Fact

, M(a) < per (k)
These assemble into a category
DFd(A) = D(A)
ThM (Balland 111)
X proj . variety/K
Then Did permutes perx & Do cont



Thi (Ben-Zvi-Nadler - Preyge) /17)
same result for Creative) aly · space
(in char 0)
Thm /Chen '21)
Some is true for fin dim-algs
8. uration In all of these
-

examples, HH
·

(C) = HH'(DAC)
[Keller

,
Lowen-Van den Bergh, Jen)..... )

Def (Kuznetsor-Shinder 122)
First observe that there's a natural

evaluationmap

ev : 1 -> DfdDfAA
a+-> (M+M(a))



Say thatAt is reflexive if-
ev is a derived Morita equivalence

E> pert-> Pfd Doct
being a quasi-equivalence
-

-

All of the previous examples
are reflexive !
-

Link We have a quasi-equivalent

De (A) ZIRHoMA,perHoHmo(t, k)
/Goodredy20]
2 reflexive => HHIC

IHHiDedC
=> DPicCF DPicDfdC



# HH
.
2 = HHoPrd .C

k(t)

Other thom-examplesof reflexive

car
proper dy cats

(since pert = DdA]
· Proper connective dy alys
· Proper schemes /by field
· KCtD Out not KCt]
· Fukaya cats of Milnor firs
of certain righted hom

. polys
in [B6O] :

i) characterisation of reflexivity for
dy algeres A in terms of



· generators for Dfd(A)
· being derived complete
with respect to these generators.

(dc-complete my Koszul duality) .

ii) Apply this to give new examples
· char . When Netherian cornerings are

reflexive

· dy algedes associated to

sitting objects/simple-minded collections
are refleive
·Completed Ginzing dy alys are

reflexive
· Fukaya cats of surfaces
gentle algeders are reflexive
· Alys associated to top , spaces



Topologicalexamples
path connected

* top space
C
.
#
, K) us chains on X

Co(X
, K) -> cochain on X

C
.
COX
, K) is chains of loops .

Pf (6.2x) Eco-led systems of
restor spaces onX3with finite fidres

Dadx = per (C.2x doubleKoszel

Dual
Hop (BGO) simply connected

deived completion
* either finite CW complex

or - BG
, 6 finite p-group
Jk char P>



Then CX & C
. -X are-

reflexive & they're each others

Merite drals

Jo .

g
· Corx

up Dad (x)

E. In the above setting,
every proper (X- module

dualises to a Cox - comodule

String topology flavored example
M compact orientale simply conn.

manifold .

Jones HHo COMME CoLM-

can show

HHI(D(im) = HH(Dal 2 . 2 m)



↓ C
.[M)(-dinM]

(Trader-Zeindian)


